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Some Frequently Used Notation

CHAPTER I. BROWNIAN MOTION

1. INTRODUCTION

o B w N

What is Brownian motion, and why study it?
Brownian motion asa martingale

Brownian motion asa Gaussian process
Brownian motion asa Markov process
Brownian motion asa diffusion (and martingale)

2. BASICS ABOUT BROWNIAN MOTION

Existence and uniqueness of Brownian motion
Skorokhod embedding

Donsker’s Invariance Principle

Exponential martingales and first-passage distributions
Some sample-path properties

Quadratic variation

The strong Markov property

Reflection

Reflecting Brownian motion and local time
Kolmogorov’s test

Brownian exponential martingales and the Law of the
Iterated Logarithm

BROWNIAN MOTION IN HIGHER DIMENSIONS

17.
18.
19.
20.
21.

Some martingales for Brownian motion
Recurrence and transience in higher dimensions

Some applications of Brownian motion to complex analysis

Windings of planar Brownian motion
Multiple points, cone points, cut points
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Beyond the DK Theorem
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Conditional expectation

Fundamental theorem and definition
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